Let B and C be entire functions of order less than 1 with C / ≡ 0 and B transcendental. We prove that every solution f / ≡ 0 of the equation y Ay By 0, A z C z e αz , α ∈ C \ {0} being has zeros with infinite exponent of convergence.
Introduction
It is assumed that the reader of this paper is familiar with the basic concepts of Nevanlinna theory 1, 2 such as T r, f , m r, f , N r, f , and S r, f . Suppose that f is a meromorphic function, then the order of growth of the function f and the exponent of convergence of the zeros of f are defined, respectively, as ρ f lim sup r → ∞ log T r, f log r , λ f lim sup r → ∞ log N r, 1/f log r .
1.1
Let E be a measurable subset of 1, ∞ . The lower logarithmic density and the upper logarithmic density of E are defined, respectively, by 
Results
We observe that all the above results concern the order of growth only. In this paper, we are going to prove the following theorem which concerns the exponent of convergence. 
Some Lemmas
Throughout this paper we need the following lemmas. In 1965, Hayman 9 proved the following lemma. ii for each τ ∈ 0, 1 the set F r {r : θ r > 2π 1 − τ } has lower logarithmic density at
We deduce the following. Proof. Assume that ρ F ρ < ∞ and choose a polynomial P of degree at most N − 1 such that
is transcendental entire. Then we have |H z | ≤ 1 for all z ∈ γ and for all z with |z| ∈ G and | arg z| ≤ π/2 − . With the notation of Lemma 3.3, we see that m 0 r, H ≤ 1 for all large r, and so we must have case ii , as well as θ r ≤ π 2 for r ∈ G. Define τ by
Since G has logarithmic density 1 this gives
Proof of Theorem 2.1
Let A, B and C be as in the hypotheses. We can assume that α 1. Suppose that f is a solution of 2.1 having zeros with finite exponent of convergence. Then we can write
where Π and h are entire functions with ρ Π < ∞. We can assume that h / ≡ 0, since if h is constant we can replace h z by h z z and Π z by Π z e −z . Using 2.1 and 4.1 , we get
Lemma 4.1. One has ρ h ≤ 1.
Proof. Suppose that |h z | ≥ 1. Dividing 4.2 by h , we get
Hence, provided r lies outside a set of finite measure, There exists an R-set U 2, page 84 such that for all large z outside U, we have
and using the Poisson-Jensen formula,
Moreover, there exists a set G ⊆ 1, ∞ of logarithmic density 1 such that for r ∈ G the circle |z| r does not meet the R-set U. 
